NARAIN GUPTA* AND KEN-ICHI TAHARA
To the memory of the late Takehiko Miyata § 1. Introduction
It is a well-known result due to Sjogren [9] that if G is a finitely generated p-group then, for all n <Lp -1, the (n + 2)-th dimension subgroup D n+2 (G) of G coincides with T n+2 (G), the (n + 2)-th term of the lower central series of G. This was earlier proved by Moran [5] for n < p -2. For p = 2, Sjogren's result is the best possible as Rips [8] has exhibited a finite 2-group G for which DIG) Φ T,(G) (see also Tahara [10, 11] ). In this note we prove that if G is a finitely generated metabelian p-group then, for all n <Lp, D 
. Notation and preliminaries
While the central idea of the proof of our main result stems from Gupta [1] , with a slight repetition, it is equally convenient to give a self-contained proof using a less cumbersome notation.
Let f = ZF(F -1) denote the augmentation ideal of the integral group ring ZF of a free group F freely generated by x ί9 x 29 , 
Proof. Expansion of w t -1 shows
Since f is a free right ZF-module on 
by (6) and (8) = (x t -l)(x, -lXCx^δ,, -(xj -1)(JC, -l)ί(xι)α y , by Lemma 2.1 = (x, -l)(*f"« -1) -(x, -l)(xf ia « -1).
Thus we have,
Finally, using (6) and (8) 
LEMMA 2.4 (Gupta [2]). [D n+2 (fg), F] g [F',[S]r n+ >(F) for all n^O.
This completes our preliminary discussions. § 3. The main theorem
Let G be a finitely generated metabelian p-group. Then G admits a presentation of the form This completes the proof of our main theorem.
As a corollary we obtain, THEOREM 3.2. Let G be a finitely generated metabelian p-group. Then For p = 3, part (a) of Theorem 3.2 was first proved by Passi [6] part (b) is due to Losey [3] . We refer the reader to Passi [7] for a general background on the dimension subgroup problem.
